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Inclusion of non-resonant component is expected to improve the estimation of response of
a structure to acoustic excitation. In this paper this is veri"ed experimentally. A typical plate
is subjected to acoustic excitation in a reverberant chamber and the acceleration responses
are measured. The experimental results match well with the theoretical estimates that are
made incorporating the non-resonant component. The results show that if the non-resonant
part is not considered, the estimated response is in large error. This is seen in the spatial
average response as well as in the response levels for a con"dence coe$cient of 99%.
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1. INTRODUCTION

Statistical energy analysis (SEA) developed by Lyon [1] and others is the widely used
technique in estimating the response of multi-modal systems at high frequencies. The &&high
frequency'' here means the frequency at which the acoustical/structural wavelength is
smaller than the dimensions of the structure. In SEA, the entire system is considered to be
an assembly of a number of structural elements, called subsystems. In many cases, the
subsystems can be physically identi"able structural parts. Reverberant acoustic "eld itself it
represented as one subsystem in the SEA formulation. Power balance of these subsystems
forms the basis for SEA calculations.
In SEA, responses are averaged over a frequency band having several modes and not

obtained at a particular frequency. Responses at di!erent locations are treated as an
ensemble of random processes and hence statistical quantities like mean (spatial), variance,
etc., are determined. Also, the response predicted by SEA is the average over an ensemble of
systems.
The response of a structure to acoustic excitation can be split into two components [2}4].

One component is the resonant part which is due to the structural modes. The resonant
response depends primarily on the acoustic radiation resistance of the structure. The second
component is the non-resonant response that is due to the trace wave generated in the
structure by the acoustic "eld.
Expressions for the frequency averaged radiation resistance of plates into a reverberant

room were originally derived by Maidanik [5]. These expressions with certain
modi"cations are generally used in estimating the radiation resistance of plates [6, 7]. Renji
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et al. [8] showed that the above expressions overestimate the radiation resistance. They
derived an expression for the radiation resistance which gives half the radiation resistance of
what is given by the existing expressions up to the critical frequency of the plate. These
"ndings were validated by the experimental results [8].
Conventional SEAmodelling does not predict the non-resonant response of the structure

[9]. But the non-resonant response can be as signi"cant as resonant response, especially in
the case of structural panels, at frequencies near and above the critical frequency. Renji et al.
[9] derived an expression for the non-resonant response of a plate due to the di!use "eld
and they also developed an alternate SEA modelling technique that predicts the
non-resonant response of the structure.
The inclusion of the non-resonant component in the response prediction and the

modi"cation of the expression for the radiation resistance are expected to improve the
estimation of the response of plates to di!use acoustic "eld using SEA. The present study
aims at verifying this. Hence, the response of a plate when subjected to reverberant acoustic
excitation is obtained experimentally. They are compared with the response of the same
plate estimated using SEA with the modi"ed expression for the radiation resistance and
incorporating the non-resonant component. The signi"cance of the non-resonant response
is clear when the experimental results are compared with the theoretical estimates made
without considering the non-resonant part. It is to be noted that the improvements made in
the estimation of radiation resistance by the use of modi"ed expression for the radiation
resistance is clear from the measured radiation resistance of the plate [8] and hence it is not
attempted here.

2. EXPERIMENTAL RESULTS

A typical plate is subjected to acoustic excitation in a reverberant chamber and the
responses are measured. The plate is suspended in the reverberant chamber and the acoustic
"eld is generated using electro-pneumatic transducers and horns. The boundaries of the
plate are free. The test set-up is shown in Figure 1.
The reverberation chamber has dimensions of 10)33�8)2�13)0m. The medium of the

chamber is air. The temperature of the air during the test was 253C and the relative
humidity was 51%. For these conditions the density of the air is taken as 1)21 kg/m� and the
speed of sound in air is 346m/s. The frequency of the "rst acoustic mode in the chamber is
13)3Hz. In the third octave bands centered at 63Hz and above, the SPL in the chamber is
almost uniform. In the third octave band centered at 63Hz, there are 19 modes in the
chamber.
The plate is made of aluminum having the dimensions of 2)19�1)22m and thickness

4)95mm. Young's modulus of the material is 7)2�10�� N/m�, the Poisson ratio is 0)3 and
the density is 2800 kg/m�. The modal density n ( f ) of the plate at frequency f is calculated as
0)176Hz using the equation

n ( f )"(A/2) (�/D)���, (1)

where A is the area, � is the mass per unit area and D is the #exural rigidity of the plate. The
critical frequency, denoted by f

�
is calculated at 2512Hz using equation (1)

f �
�
"(c��/D)/(4��), (2)

where c is the speed of sound in the acoustic medium of the chamber.
The sound pressure levels (SPL) in the room are measured using condenser-type

microphones at three locations and the spatial average is taken as the excitation SPL. The



Figure 1. Test set-up for the acoustic test.

Figure 2. Schematic of vibration and sound measurement.
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mean square values of the pressures are averaged. The microphones are "tted with suitable
preampli"ers and 200V polarization voltage is applied. The output of the microphone is
recorded on a frequency-modulated (FM) tape recorder and analyzed o!-line. Standard
one-third octave band analyses of the vibration signals are carried out. Figure 2 gives
a block diagram of the set-up for the measurement of sound pressure level. The shaker and
the impedance head shown in the "gure are for the measurement of dissipation loss factor.
Acceleration levels are measured using piezoelectric accelerometers at six randomly

selected locations as shown in Figure 3. Since the modal density of the plate is very large,
averaging over six locations gives a very accurate spatial average. It is to be noted that there
are about 16 modes present in 400Hz one-third octave band. This is the lowest frequency



Figure 3. Accelerometer locations on the plate.

526 K. RENJI E¹ A¸.
band where the results are presented. At any other frequency band, the number modes
expected is still larger. One does not need even these many number of modes for obtaining
the spatial average. The reason for presenting the results only from 400Hz and above are
discussed later. A schematic of the acceleration measurement is shown in Figure 3. The
output of the accelerometer is conditioned using charge ampli"er and the charge ampli"er
output is recorded on an FM recorder. The mass of each accelerometer is approximately
0)5g. Average driving point impedance of the plate can be estimated using the equation

Z
�
"8(�D)���. (3)

For the plate considered for the test, the average impedance is 844Ns/m. The impedance
due to accelerometer mass is 31)4Ns/m at 10 000Hz. Hence, the mass-loading e!ect of the
accelerometer on the measured response is negligible. Acceleration sensitivity of these
accelerometers is K 1)5 pC/g and the resonance frequency is 32 kHz with a useful frequency
range of 5}8000 Hz ($5%). Hence, no corrections are applied in the measured acceleration
levels. The results are given in terms of r.m.s. values in g in standard one-third octave bands
from 400 to 10 000Hz. The spatial average of the acceleration levels is given in Table 1 and
Figure 4. The mean square values of acceleration levels are spatially averaged. The results
below 400Hz are not presented since the expressions for the radiation resistance are not
accurate at low frequencies due to the e!ects of boundaries.
The expressions for radiation resistance available in the literature are for the simply

supported boundaries [5}8]. At high frequencies, the boundary conditions do not a!ect the
radiation resistance and the radiation resistance of a plate with any type of boundary is
given by that of the plate with simply supported boundary. At low frequencies, the
boundary conditions have signi"cant e!ects on the radiation resistance. In the present case,
the boundaries of the plate are free and hence the radiation resistance at low frequencies is
expected to be very low. The frequency averaged radiation resistance of plates with free
boundaries cannot be determined accurately. Since the main objective of the present work is



TABLE 1

Acceleration response of a plate

One-third octave band Acceleration response (g)
center frequency SPL

(Hz) (dB) Theory Experiment

400 113)0 0)21 0)20
500 113)4 0)24 0)23
630 112)5 0)23 0)31
800 111)8 0)23 0)29
1000 111)2 0)24 0)32
1250 112)4 0)39 0)39
1600 112)1 0)56 0)63
2000 110)9 0)81 0)85
2500 109)9 1)3 1)1
3150 109)6 1)4 1)1
4000 108)0 1)1 0)90
5000 107)5 0)90 0)83
6300 107)5 0)80 0)78
8000 107)2 0)70 0)75
10 000 107)2 0)63 0)56

Figure 4. Response of a plate to reverberant acoustic "eld: **, theory; and - - -, experiment.
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to study the e!ect of the inclusion of non-resonant component in the response estimation
and not the e!ect of boundaries, the responses are compared for frequencies where the
radiation resistance converges to the radiation resistance of the simply supported plate.
Otherwise, it will not be known whether the error is due to the boundary e!ect or the
de"ciency of the present investigation. If there are a few bending waves present in the
structure, then the radiation resistance of the plate is approximately given by the radiation
resistance of the simply supported plate. At 350Hz, which is the lower bound of the 400Hz
one-third octave band, the wavelength is about 0)4m and hence on average three bending
waves are expected to be present in the structure. Hence, the results are compared only from
400 Hz one-third octave band onwards.
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3. DISSIPATION LOSS FACTOR

There are some works on the dissipation loss factor of a plate reported in the literature.
Cummins and Farrow [10] and Eaton [11] suggested that for frequencies between 80 and
2500 Hz, the dissipation loss factor values, denoted by �

�
can be obtained from the

expression

�
�
"1)8/ ( f ��	
). (4)

For frequencies above 2500Hz, the dissipation loss factor value can be considered to be
0)002. Still it is considered essential to determine the dissipation loss factor of the plate
experimentally. This is because the response of the structure depends on many parameters
including the dissipation loss factor. Unless all the parameters are obtained accurately, it
will not be possible to study the e!ect of any of them on the estimated response.
The dissipation loss factor of the plate can be obtained experimentally using the energy

method. The response level at several locations are measured for a known input power.
From the equality of the input power and the dissipated power, the dissipation loss factor is
obtained. Hence, for an input power of �

��
, the dissipation loss factor is given by [12]

�
�
"�

��
/(�M�v��

�
). (5)

The plate has a massM and �v��
�
is the spatial average of mean-square value of the velocity

at circular frequency �. The symbol ��
�
represents spatial average. Clarkson and Pope

[12] demonstrated this technique for plates and cylinders. In SEA, we require frequency
averaged loss factors. In the frequency range where there is a large modal overlap, the
frequency averaged loss factor is more meaningful. In the energy method, this can be
achieved using frequency averaging or using random excitation with suitable bandwidths.
Ranky and Clarkson [13] pointed out that in SEA-based calculations, energy average is the
most appropriate which can be directly obtained when the energy method is used. The
energy method is hence used to determine the loss factor.
The plate is hung in the reverberant chamber and excited at a point using a shaker. The

excitation force is measured using an impedance head. The measurement set-up is shown in
Figure 2. The input power is obtained using the relation [12]

�
��
"f �

�
n ( f )/(4M), (6)

where f �
�
is the mean-square value of the excitation force. The acceleration levels are

measured at six randomly selected locations that are shown in Figure 2 and the spatial
average of the mean square value of the velocity is calculated. The acceleration at the
driving point is not considered for determining the average velocity of the structure [13].
Experiments are conducted with "ve driving point positions, that are shown in Figure 5,
with one driving point excited at a time and the average taken over other locations.
Substituting the expression for the power input in equation (5), the loss factor can be
obtained using the relation

�
�
"f �

�
n ( f )/�8�fM��v��

�
�. (7)

The loss factor thus obtained is given in Figure 6. The results are given only up to 5000 Hz
since the excitation given at frequencies above 5000Hz is very small and hence the loss
factor determined can be in error. The experiment is conducted in air and hence the
measured loss factor is the total loss factor, that is the sum of the dissipation loss factor and
the radiation loss factor. Clarkson and Brown [14] have shown that if the total loss factor is
used as the dissipation loss factor, the estimated response can be in large error. To obtain
the dissipation loss factor, the radiation loss factor has to be substracted from the total loss



Figure 5. Driving point locations on the plate during the dissipation loss factor test.

Figure 6. Total loss factor of the plate.
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factor. The radiation loss factor is theoretically estimated using equations (19) and (11) that
are to follow, and it is shown in Figure 7. The radiation resistance of this plate was obtained
experimentally and it matched well with the theoretical estimates [9]. At low frequencies,
since the radiation loss factor is very much dependent on the boundary conditions, the
theoretical estimates of the radiation loss factor values are not accurate. Since the radiation
loss factor itself is very low at low frequencies, the dissipation loss factor thus determined is
not a!ected. The dissipation loss factor of the plate is shown in Figure 8.
The dissipation loss factor values obtained are of the same order as that reported by

Cummins and Farrow [10] and Eaton [11]. Hence, equation (4) is used for the values of
dissipation loss factor in the frequency range where the present experimental results are
similar to those results. In frequency bands where there is a larger di!erence, the present
results are used for the dissipation loss factor. Thus, the following values given in Table 2



Figure 7. Estimated radiation loss factor of the plate.

Figure 8. Dissipation loss factor of the plate.

TABLE 2

Dissipation loss factor of the plate

One-third octave band Dissipation loss factor
center frequency (Hz)

400 0)0099
500 0)0081
630 0)0066
800 0)0054
1000 0)0044
1250 0)0036
1600 0)0025
2000 0)0015
2500 0)0030
3150 0)0030
4000 0)0030
5000 0)0030
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are used as the dissipation loss factors of the plate. It can be observed from Figure 8
that the measured dissipation loss factor near the critical frequency is very low. This is
because the radiation loss factor is very large near the critical frequency and the dissipation
loss factor is relatively low. Hence, the total loss factor is approximately the same as the
radiation loss factor and the di!erence between them is not expected to be accurate. Hence,
at those frequencies the dissipation loss factor values corresponding to the nearby frequency
bands are used.
The radiation loss factor of a structure is very large near the critical frequency and hence

the total loss factor increases to a large value at frequencies near the critical frequency. The
results given in Figure 6 show that the total loss factor increases to a large value near
2500 Hz. The estimated critical frequency of the plate is 2512 Hz which is in close agreement
with the experimental results. In the present experiment, it is assumed that the total power
input is equal to the sum of the power dissipated and the power radiated. The power #owing
from the acoustic "eld to the structure is negligible and hence not considered here. For
example, the r.m.s. value of the acceleration level of the plate of 0)45 g at 2500Hz and
the sound pressure level in the room is 75 dB. The expected r.m.s. value of the acceleration
response due to this sound "eld is about 0)042 g. The above data con"rms that the power
#owing from the acoustic "eld to the structure can be neglected in the present experiment.
The data are presented for 2500 Hz since the radiated power is the maximum at frequencies
near the critical frequency. Therefore, the loss factor will be slightly more than that obtained
using equation (5). The sound power radiated is the sum of both the near"eld and the
far"eld radiated power. But the e!ect of neglecting the near"eld radiated power on the
derived dissipation loss factor values is insigni"cant and hence in the present calculations,
near"eld radiated power is not included. This is because above the critical frequency there is
no sound radiation from the near "eld. And below the critical frequency the radiation loss
factor is negligible compared to the total loss factor.

4. THEORETICAL ESTIMATION OF RESPONSE

When a plate is subjected to acoustic excitation its response is due to contributions from
both resonant and non-resonant waves. It is shown that [3]

�v��
�
"�v�

��		
�
�
#�v�

�
��	�
�
�
, (8)

where v
��		

is the velocity due to the resonant response and v
�
��	�

is that due to the
non-resonant response.
The resonant response of the plate can be estimated in SEA framework using

a two-subsystemmodel where acoustic "eld is subsystem 1 and the structure is subsystem 2.
Power balance of the subsystems form the following equation:

�
�
�

�
�
�"��

�
�
#�

��
!�

��

!�
��

�
�
#�

��
� �

E
�

E
�
� . (9)

In equation (9), �
�
, E

�
and �

�
are the power input, the mean energy and the dissipation loss

factor respectively of nth subsystem. The coupling loss factor (CLF) for mth subsytem to the
nth subsystem is denoted by �

��
. The power is supplied only to subsystem 1, that is the

source room. Hence, by setting �
�
"0, we get

E
�
"��

��
E

�
�/��

�
#�

��
�. (10)
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The structure}acoustic coupling loss factor is determined from the radiation resistance of
the plate. Hence,

�
��

"R
���
/(��A), (11)

where R
���

is the radiation resistance of the plate. The acoustic}structure coupling loss
factor is determined using the reciprocal law for coupling loss factors, as per which [1]

�
��

"�
��

(n
�
/n

�
). (12)

where n
�
is the modal density of subsystem i. The modal density of the acoustic space having

volume < is given by

n ( f )"4� f �</c�. (13)

The modal density of the plate can be estimated using equation (1).
The energy of the acoustic "eld is related to acoustic pressure in the source room by the

equation

E
�
"(�p�

�
�
�
/�

�
c�) <

�
, (14)

where �
�
is the density of the medium of the acoustic "eld and p is the acoustic pressure.

Substituting equations (11}14) in equation (10), the energy of the plate can be estimated.
The energy of the plate is related to the velocity of the plate by the equation

�v�
��		

�
�
"E

�
/�A. (15)

The velocity determined above is that due to the resonant waves.
Velocity of the non-resonant waves due to a di!use acoustic "eld can be determined using

the equation [9]

�v�
�
��	�

�
�
"(�p��

�
/4��

�
c�) 	

�
, (16)

where �
�
is the density of the acoustic medium. In the above equation, 	

�
represents the

random incidence sound power transmission coe$cient of the structure. The random
incidence sound power transmission coe$cient is de"ned as the ratio of the expected sound
power transmitted to the expected incident power. It is then give by [3]

	
�
"2 �

���

�

	 sin 
 cos 
d
, (17)

where 	 is the sound power transmission coe$cient of the structure. In practical situations,
a "eld incidence transmission coe$cient is used in which the angle of incidence is restricted
to the range 0}783. For panels having sti!ness, the sound power transmission coe$cient can
be obtained using the equation [15]

	��"�1#�
�
a cos 
 sin� 
 ( f / f

�
)���#�a cos 
 (1!( f / f

�
)� sin� 
)��. (18)

The plate has a critical frequency of f
�
and the acoustic "eld strikes the panel with an angle

of incidence 
. The parameter a is equal to (��/2�
�
c).

The total response of the plate can now be obtained using equation (8). The di!erences
between the approach used here and elsewhere are that in the present method the
non-resonant response component is included [9] and the modi"ed expressions for the
radiation resistance are used [8]. Inclusion of the non-resonant part in the response
calculations can be done even in the SEA modelling itself as proposed by Renji
et al. [9].
The expressions for the radiation resistance of a simply supported plate whose

dimensions are a, b are as follows.
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For f(f
�
and ka, kb'2�:

R
���

"A�
�
c �(�

�
�
�
/A) 2 ( f / f

�
) g

�
#(p�

�
/A) g

�
�/2,

where

g
�
"(4/��) �(1!2��)/[� (1!��)���]� for f /f

�
(0)5,

g
�
"0 for f /f

�
*0)5,

g
�
"(1/4��) �(1!��) ln [(1#�)/(1!�)]#2�� �1/(1!��)����,

�"( f / f
�
)���.

For f(f
�
and ka, kb(2�:

R
���

"A�
�
c (4/��) (p�

�
/A) ( f / f

�
)���/2.

For f"f
�
:

R
���

"A�
�
c �(a/�

�
)���#(b/�

�
)����/2.

For f'f
�
:

R
���

"A�
�
c �1!( f

�
/ f )�����. (19)

In equation (19), p is the perimeter of the plate and k is the wavenumber. The wavelength of
sound in air is denoted by �

�
and the wavelength at critical frequency is denoted by �

�
. The

di!erence between the presently used expressions for the radiation resistance and the
existing expressions is the presence of factor 2 for frequencies up to the critical frequency of
the plate.
In this case, the radiating area of the plate is twice the area of the plate. The plate used in

this study has free boundaries. The experimental results are obtained for a free}free plate,
whereas the theoretical estimates are made for a simply supported plate. In the
low-frequency range, the boundary conditions a!ect the radiation resistance signi"cantly.
E!ect of boundary conditions is not signi"cant if the plate carries a few bending waves and
in such a frequency range the radiation resistance is given by the radiation resistance of the
simply supported plate. In the present case at 400 Hz, there are three bending waves present
in the plate. Since the plate is unba%ed, a factor of 0)5 up to a frequency of f

�
/2 is applied to

take into account the e!ect of neighboring structure on the radiation resistance [8]. In
addition to the above e!ects, short-circuiting e!ects due to the absence of the ba%e are also
considered and the e!ects are included using the following relations [16]:

R
���

"F
�

�F
�
R

�����
#F

	
R

����	
�, (20)

whereR
�����

andR
����	

are the radiation resistance of corner and edge modes, respectively, F
�

is the correction factor for the #ow around the plate and F
�
and F

	
are the correction factors

for the #ow near the edges for the corner as well as the edge modes respectively. These
correction factors are given below [16].

F
�
"13 ( f/f

�
)/�1#13 ( f/f

�
)�,

F
	
"49 ( f/f

�
)/�1#49 ( f/f

�
)�,

F
�
"53 f �A�/c�/�1#53 f �A�/c��. (21)

The correction factors F
�
and F

	
are signi"cant only at low frequencies and F

�
is important

only when the acoustic wavelength is larger than the plate dimensions. In the present case,
the correction factor F

�
is not used, as the e!ect due to this is very much insigni"cant even at



Figure 9. Comparison of resonant and non-resonant responses: �, resonant; and #, non-resonant.
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400 Hz. At 400 Hz, the correction factor F
�
is equal to 0)999. It is to be noted that the

radiation resistance of the same plate was obtained experimentally [8] and the results
match very well with the theoretical estimates made using the expressions and the factors
discussed above.
The estimated total acceleration response is given in Table 1 and Figure 4. The

dissipation loss factor is experimentally obtained only up to 5000 Hz. Hence, for frequencies
above 5000 Hz, the dissipation loss factor value at 5000 Hz is used. The response levels are
presented as r.m.s. values in g in the standard one-third octave bands from 400 to 10 000 Hz.
The responses below 400 Hz are not presented since the radiation resistance values in these
frequency bands are not estimated accurately as discussed previously.

5. DISCUSSION OF RESULTS

The measured acceleration levels of the plate are compared with the theoretical estimates
in Table 1 and Figure 4. They show a reasonably good agreement. The estimated response
levels are larger compared to the measured results at frequencies near the critical frequency.
This is because, near the critical frequency, the theoretical expressions for the resonant
as well as the non-resonant responses predict higher values which do not occur in
practice.
The signi"cance of the non-resonant response can be seen from Figure 9 where both

resonant and non-resonant responses are compared. It can be seen that the non-resonant
response is as signi"cant as resonant response especially at frequencies near and above the
critical frequency. From the above results, it follows that if the non-resonant part is not
considered the response could be largely underestimated especially at frequencies near and
above the critical frequency.
In all the above results, the non-resonant response is estimated using the thin plate model,

that is the sound power transmission coe$cient is represented by equation (18).
A comparison of the non-resonant response of the plate estimated using the limp panel
model and that using the thin plate model is given in Figure 10. For a limp panel, the
sti!ness is negligible and the sound transmission characteristics is represented by [15]

	��"1#���/(2�
�
c)�� cos� 
. (22)



Figure 10. Non-resonant response of a plate for di!erent models: �, limp panel; and #, thin plate.

Figure 11. Comparison of the measured response of a plate with the response estimated using the existing
expressions for radiation resistance: **, theory; and - - -, experiment.
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It can be seen that if limp panel model is used to represent the sound transmission behavior,
the response levels are estimated to be very small at frequencies near and above the critical
frequency. This might be the reason that the non-resonant response was considered to be
insigni"cant. It is also important to mention that the non-resonant response is lower for
massive structures like buildings. Perhaps this could also be the reason for the belief that the
non-resonant response of the structure is not that signi"cant. The present results clearly
indicate the need for incorporating the non-resonant part in the response estimation.
It is of interest to compare the measured results with the response estimated using the

existing expression for the radiation resistance [5}7]. Since the existing expression
overestimates the radiation resistance, it is expected that the response levels are also
overestimated though they are not directly proportional. Both the results are shown in
Figure 11. Since the di!erences in the expressions for the radiation resistance exist only up
to the critical frequency, the results are compared only up to the one-third octave band
centered at 2000 Hz. The results show that the response levels are overestimated by using
the existing expression for the radiation resistance. It is to be noted that the response levels
do not depend only on the radiation resistance and hence comparing the response will not
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be as e!ective as comparing the radiation resistance. Even then the results show signi"cant
e!ects.
The response predicted by SEA is the average over an ensemble of systems. But the

present experimental results are for a single system. Assuming ergodicity for the frequency
response functions for the ensemble of structures, one can use frequency averaging in place
of ensemble averaging. Normally, frequency averaging is used and the same is followed in
the present case.
So far in our discussions, only the mean values of the response levels are referred. It is also

important to estimate the variance. Taking into account the uncertainties in the energy of
the directly excited subsystem, the randomness of the structural properties and variations in
the observation points, and the variance in the response of the indirectly excited subsystem
in the frequency band �� can be determined using the equation [1]


�a�

m�a�
"�n� n�

�
2

�� (�
�
#�

�
)���

�
���

�
�
�

���
�
��
�
� �

���
�
�
�
���

�
�
�

���
�
��
�

���
�
��
�
� �

���
�
�
�

���
�
��
�
�, (23)

where� is the mode shape and �
�
is the half-power bandwidth of subsystem i and subsystem

1 is directly excited. Let 
a� be the variance and ma� be the mean value of the mean-square
value of the acceleration response. In the present problem, it is seen that the variance is very
small. For example, in 1000 Hz, one-third octave band 
�a�/m�a�"0)0006. This is because of
the presence of large number of modes in the acoustic "eld.
The variance due to observation points on the panel can be estimated using the results of

Stearn [17] as per which


�a�/m�a�"2)121/(N)���, (24)

whereN is the number of modes. As per the analysis of Stearn [17], the mean-square values
of the acceleration responses follow normal distribution is there are more than 10 modes
present in the given frequency band. In the present case, there are 16 models in 400Hz
octave band and at higher frequencies there are even more number of modes.
It is now possible to estimate the con"dence intervals for a given con"dence coe$cient

with the help of the estimated mean and variance and known probability density function
for the distribution. It is more appropriate to estimate the &&exceedance'' type of con"dence
interval. That is to "nd the response level such that any realized value will be less than that
with a speci"c probability, called con"dence coe$cient. The response levels with 99% of the
realizations have the response levels lower than this value, which are estimated and shown
in Figure 12. The acceleration levels are measured at six locations and they are also given in
the same "gure. One can see a reasonably good prediction.
It is worth studying the con"dence intervals estimated by neglecting the non-resonant

response. The results are shown in Figure 13. The non-resonant response is more signi"cant
near and above the critical frequency. It can be seen that at large number of points the
measured acceleration levels exceed the predicted levels showing the importance of
including the non-resonant part in the response prediction.
In the above calculations, 
/m of the resonant response is taken even for the non-resonant

response. This is yet to be established. It is important to note that the non-resonant
response is more signi"cant at higher frequencies and at higher frequencies the variance
is very negligible. For example, at 10 000Hz the mean-square value of the resonant response
is 0)25 g� and the non-resonant response is 0)15 g�. The variance of the resonant response is
0)027g�. The variance of the non-resonant response is 0)017 g�. Hence, some error in the



Figure 12. Comparison of the estimated response levels for a con"dence of 99% with the measured realizations:
**, predicted; and #, measured realizations.

Figure 13. E!ect of the non-resonant component on the estimated response levels for a con"dence of 99%:
**, predicted neglecting the non-resonant part; and #, measured realizations.
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estimation of the variance of the non-resonant response will not make a signi"cant
di!erence in the estimated con"dence levels.

6. CONCLUSIONS

The acceleration levels of a typical plate under acoustic excitation are obtained
experimentally and compared with the theoretical estimates. The theoretically determined
response levels match reasonably well with the experimental results. The theoretical
estimates are made using the modi"ed expressions for the radiation resistance and the
non-resonant response component is included in the response estimation. The dissipation
loss factor of the plate is obtained from the experiments. It is seen that the non-resonant
response is as signi"cant as the resonant response at frequencies near and above the critical
frequency. If the non-resonant part is not considered, then the estimated response levels are
signi"cantly lower than the measured results. The measured vibration levels are above the
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estimated response levels for 99% con"dence coe$cient if the non-resonant response is not
taken into account. It is thus essential that the non-resonant response component be
included in the response estimation. The measured results are signi"cantly lower compared
to the predictions made using the existing expressions for the radiation resistance but match
reasonably well if they are estimated using the modi"ed expression for the radiation
resistance.
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APPENDIX A: LIST OF SYMBOLS

Symbols not listed here are used only at speci"c places and are explained wherever they
occur. Since the process considered is stationary random, the dynamic variables discussed
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are the long time averaged quantities and in such cases, the notation for the averaging is
dropped. For example, �a��



is written as a�.

A area of a plate
a acceleration response of a structure
a, b dimensions of a panel
c speed of sound in air
D #exural rigidity
E
�

mean energy of subsystem i
F
�

correction factor for #ow around the edge, for a corner mode
F
	

correction factor for #ow around the edge, for an edge mode
F
�

correction factor for the #ow around the plate
f frequency, in Hz
f
�

critical frequency, in Hz
f
�

applied force
k wavenumber
M mass of a structure
m

�
mean of the random variable x

N number of modes of a subsystem in a frequency band
n ( f ) number of modes per Hz
p acoustic pressure
p
�

acoustic pressure in subsystem i
R

���
radiation resistance of a structure

R
�����

radiation resistance of a corner mode
R

����	
radiation resistance of an edge mode

< volume
<
�

volume of subsystem i
v velocity of a structure
v
�
��	�

velocity of the forced wave
v
��		

velocity of the free wave
Z

�
driving point impedance of a structure

�
�

half-power bandwidth of oscillator/subsystem i
�� frequency band, in rad/s
�
�

dissipation loss factor
�
�

dissipation loss factor of oscillator/subsystem i
�
��

coupling loss factor for subsystem i to j
�
�

wavelength in the acoustic "eld
�
�

wavelength at the critical frequency
�
��

input power
�
�

power input to subsystem i
� circular frequency, in rad/s
�

�
critical frequency, in rad/s

� mass per unit area
�
�

density of the medium of the acoustic "eld


�

standard deviation of the random variable x

 angle of incidence
	 sound power transmission coe$cient of a structure
	
�

random incidence sound power transmission coe$cient of a structure

 angle of incidence
��

�
average over the domain x

�� average over the time domain
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